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Things get even hairier if a filtration is around .
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It is possible for a process to be adapted but not progressively measurable .

Fortunately , this pathology doesn't occur in processes we care about .

Prop : Suppose S is a separable metric space , and
Xt :( 5h,#too ,F, P)

→ CS
,
Bls))
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Then X
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The idea is to approximate X
. by piecewise constant

processes that are easily seen to be progressively measurable
and use robustness of measarability under limits .
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