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Null sets ( § 6. le in Driver
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Problem : most subsets of the Cantor set are not Borel sets .

That is : there are many sets NE BIR ) of Lebesgue measure o
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This can sometimes cause
technical problems .

Definition : A measure space 038,µ) is called (null ) complete
if
,
for every N E F with µ IN)

-

-o
, every subset

As N is in I land i
. µ I A) - o ) .

Theorem For any measure space Cross
, µ
)
,
there is an

extension I 28
, it IF =p , s t . 058,9 ) is



Pf . The most obvious thing actually works :

§= { AVA : AGE
,
her
, FNEJ-s.t.MN) of ASN }

Tel Aod) : - MCA ) .

.
Eisa G - field containing 8 : FSE i. of

,
ref

.

. (Aug )
'
- A' off = (A' n DINA

'

Nc ) GE
.

T W

(Nlt) ON
'

n tf

. # plan 0AM = YANO Onan mhfndfn.IM#lNnD=o .

§ In FF '

Ganefa
i. C- g-



F- = { AVA : AGE
,
her
, FNEJ-s.t.MN) of ASN }

Tel Aod) : - MLA ) .

• it is well-defined : suppose A. A 's d. fit 't , no
-

- old 's -- o
in

Aux = A' ON .

[
A E Ault c. AMUN

'
= A' u

'
= A' UN

'

.

i. MIA) split
'od ') s MA

'

It - M&A
,
canopy

← MIA's sand quad
. A is a measure

.

Ano An disjoint i. Alun Anon) n

§ In mHnI⇒
.

-

- my ↳ Anu 4AD =MGdAD
Ta subsetof U Nn

is a ndllstt

. (r
,Fyi ) is (null ) complete (by construction) .



The Lebesgue o - Field
.

often
,
when one speaks of Lebesgue measure , one implies a particular

large o - field :
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is a Borel measure ; worst case, we may need to complete the
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