
Extension Theorem Review (Driver 's Approach ; see also Maha ram ,
1987 )

AR
.

A
,µ) finite promeasure space

µ : 21 → Copley : pile ) - in f I Ml Aj) : AjGA , Es A; }
↳ monotone

, countably subadditive
↳ If u is a measure on I ?A extending µ ,

then vs M
"
on F

.

↳ If X is a finitely additive measure
,

x'sx and X -x* iff X is countably additive .

2. Outer pseudo -metric di. 2%24 Ce
, post : du CE

.

F) zuME aF)
↳ Is a pseudo -metric !

↳ well behaved w -

rt
.

unions
,

intersections
, complements

3
. µ

: A→ IR is Lip - l on the pseudo - metric space , so extends uniquely to it : b-→ IR .

4
.

As = { auntable unions of sets in A }
↳ In the pseudo - metric space 12h , da ) , AJ

= A-
↳ ri

-

-ti on As .

5
.

A- is a o - field .



6
.

Outer approximation of t by As :
Bet ⇐ te >et CE Ao s . t

.
Bsc and MiloB) = du lBC) see .

↳ use this
,
together with pit =p on As

,

to show ME A on A-
.

7 . it is a countably additive measure on A- 3 GIA)
.

8
. Uniqueness Theorem If 8 is a o - field with AsFst

,
and

V is a measure on I with 01am ,
the V =p Ig .

Pf
.



Extension to o - Finite Measures
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