
Tail Events

Let
n! be a sequence of random variables

defined on a common probability space Crisp) .

The tail o- field T of these ru 's is

T : = %
,

o ( xn
,
Xna
,
Xun
,
.
. . ) = T (Xn : n EN)

Events EET are called tail events for the sequence Nudie ,
.

Eg
.

I IFE Xn exists } t { Eyes Xn bests} -
- { ftp.xnbnzn exists}

& { ftp.xn - o }
E T E OHN

, Xnty . . . )

Eg . Let Si. Hit " -Nn
.

{ LIT.Sn exists } IT
{ lining Sn > o } Eg .

K
,
Xs
,

44
,
- . .

E O
.

XT t s -cxzxs
,
Xy . -) = { fr}



Be careful !
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Theorem
. ( Kolmogorov 's o - l Law )
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What kinds of random variables are T -measurable ?
To get some intuition, recall the Doob -Dynkin representation .
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If WE are independent, this is rigorous .
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