
Regular Borel Measures
If s is a ( locally compact Hausdorff ) topological space,
a measure µ on BCS) is called

• outer - regular if MLB) = in f fuk) : BEV
,
V open }

• inner -regular if µ 1B) = supfuk ) : K SB , k compact }
We shewed ( Lecture 4.2 ) that the outer measure ofa Borel promeasure
is outer regular on Boo - the Lebesgue o - field .

Re-Definition : A Borel measure µ is a Raden measure if
it is locally finite : Mlk ) cos Fk Sr compact ,
and it is both outer- and inner - regular .

Theorem : I 13.171 All finite leg . probability) Borel measures
on Rd are Radon measures
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Recall the es .- cube Q -

- co
,
is
'

, equipped with the topology of pointwise arrogance .

We showed that Q is compact , & therefore has the finite intersection property .

Theorem : ( Kolmogorov)
Let un be a probability measure on do, it ,Bks NY) , and suppose these measures

satisfy the following consistency condition :
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Cor : Consider HR
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Cor : Let Mn be Borel probability measures on IR .
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