
Remember LP :

LP Cr
,Tsn) = I f elite,8.y) : fl fl Pdn cos}

We've looked carefully at Lt and L2
.

More generally :

Theorem : 117.241 For Isp cos ,
Hflkp : = ( fslfl Pda )

"
P

defines a norm on
LP 039

,M) .

In particular :

H ft g Hip S H f the t 11g the

t.ge LP .

Thus LP is a normed vector space .

This is Minkowski's inequality .

We proved it already for p- 12 .

In general , it goes beyond the scope of what we need to prove it .



LP us .

La convergence
Lemma : Let fn

, ft LMR,qµ) l l speos ) with Hfn - file → o .

Then fn→µ f .

Pf .
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Theorem : I 17.271 For Isp cos , LP is Cauchy complete :

fine LP
,
Hfn - fmllhp To as him → as

⇒ I felt set . H fn - f the → o .

Pf .



Summary
[ convergence

( pst) LP convergence as
. convergence



Theorem : ( Lo - L
'
DCT)

Let fn.gn.ge Lt , fell , s- k

( D lfnlsgn a. s .

(2) f.→af , gn→µg

③ Ign → fg
Then ft L' and H fifth, → e .

( In particular, ffn→ ff . )
Pf.
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