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PL axioms:
PL1: A→ B → A
PL2: (A→ B → C)→ (A→ B)→ (A→ C)
PL3: ¬A→ A→ B
PL4: (¬A→ A)→ A
• A ∨B and A ∧B stand for ¬A→ B and ¬(A→ ¬B).

An “explicit” proof means showing all the lines in the proof, not just proving that a PL-
proof exists. HINT: All three explicit proofs on the quiz should have at most three lines.

1. Give explicit PL-proofs for the following formulas.

(a) B → (A ∨B).

(b) (A→ A)→ (A→ A).

2. Give an explicit PL-proof showing B → (A→ A), B ` A→ A.

3. (With the aid of the deduction theorem.) Prove that ` (A ∧B → B)→ A ∧B → B.


